
IET Power Electronics

Research Article

Robust three-vector-based low-complexity
model predictive current control with
supertwisting-algorithm-based second-order
sliding-mode observer for permanent magnet
synchronous motor

ISSN 1755-4535
Received on 29th July 2018
Revised 13th June 2019
Accepted on 19th June 2019
E-First on 13th August 2019
doi: 10.1049/iet-pel.2018.5750
www.ietdl.org

Yanping Xu1 , Xianhua Ding1, Jibing Wang1, Chen Wang1

1Department of Electrical Engineering, Xi'an University of Technology, Xi'an, People's Republic of China
 E-mail: xuyp@xaut.edu.cn

Abstract: This study presents a robust three-vector-based low-complexity model predictive current control with supertwisting-
algorithm-based second-order sliding-mode observer for permanent magnet synchronous motor (PMSM). First, to reduce the
computational complexity of the three-vector-based model predictive current control, the optimal voltage vector combination is
directly determined by the sector of desired voltage vector. Second, a supertwisting-algorithm-based second-order sliding-mode
observer is designed to observe the lump disturbance caused by model mismatch and unmodelled dynamics. The estimated
lump disturbance is considered as the compensation to the original PMSM model to reduce steady-state current error, which
improves the robustness of the three-vector-based model predictive current control. Finally, the effectiveness of the proposed
method is verified by experiments on a two-level-inverter-fed PMSM drive platform. Experimental results prove that, compared
with three-vector-based model predictive current control, the proposed method can reduce the computational complexity and
enhance robustness against motor parameters variation.

1 Introduction
The permanent magnet synchronous motor (PMSM) has been
widely employed due to the advantages of small volume, simple
structure and high efficiency [1–3]. With the wide application of
the PMSM, its control method has also been attracted extensive
attentions. Field oriented control (FOC) is one of the most common
control methods for PMSM [4, 5]. FOC can achieve good steady-
state performance. However, the parameters of multiple
proportional integral (PI) regulators in FOC need to be adjusted
and dynamic response of FOC needs to be further improved.

In recent years, model predictive control (MPC) has been
widely applied in power electronics and power drives because of
the fast dynamic response, simple principle and easy
implementation, such as three-phase inverter [6, 7], pulse width
modulation (PWM) rectifier [8, 9], matrix converter [10, 11],
induction motor drive [12, 13] and PMSM drive [14]. In the
traditional MPC, one voltage vector is applied during one sampling
period. There are only seven selectable voltage vectors for a two-
level voltage source inverter, so that the selection range of voltage
vector is relatively small. This limits the steady-state performance
of the traditional MPC [15]. In order to improve the steady-state
performance of the traditional MPC, some scholars proposed a
three-vector-based MPC [16, 17]. In this method, three voltage
vectors are applied during one sampling period. However, this
control method needs to find the optimal voltage vector
combination and calculate the duration of each voltage vector in
one sampling period. This process would generate heavy
computational burden, which is one of the problems to be solved in
the three-vector-based MPC.

Although the MPC has the fast dynamic response, it is sensitive
to the motor parameters variation due to that the MPC is one of
model-based control methods. In practical implementation, the
influence of motor parameters variation and unmodelled dynamics
is inevitable in the drive system. As a result, the model mismatch
would happen, and this further causes the prediction error.
Therefore, the voltage vector selected by the cost function maybe
not the optimal voltage vector, which eventually leads to
deteriorate system performance. In order to solve this problem, the

prediction error correction is added to the predictive model to
enhance robustness against stator inductance variation and
consequently achieves better performance [18]. However, flux
linkage of permanent magnets and stator resistance mismatch is not
considered in this paper. In addition, the weight factors need to be
adjusted when the predictive error correction is added to the
predictive model, which increases the difficulty of system design
and adjustment. The adaptive observer proposed in [19] and the
extended Kalman filter proposed in [20] are used to identify motor
parameters to overcome the adverse effects of parameter mismatch.
However, online parameter identification leads to complicated
computation. In [21], the disturbance observer is introduced into
the MPC to observe the disturbance caused by the load variation
and the motor parameters variation. The estimated disturbance is
considered as compensation of motor model to improve the load
disturbance rejection ability and robustness.

Among various disturbance observers, the sliding-mode
observer is widely employed in disturbances observation owing to
strong robustness [22–25]. However, the first-order sliding-mode
observer has the disadvantage of obvious chattering phenomenon
due to its own discontinuity, and this chattering phenomenon
cannot be eliminated [26, 27]. The second-order sliding-mode
observer, which is more suitable for system disturbances
observation, can effectively reduce the chattering while
maintaining good dynamic response [28–30]. In [31], the second-
order sliding-mode observer is designed for permanent magnet
linear synchronous machines to observe the lump disturbance, such
as electromagnetic force ripple, detent force and unknown external
disturbances. The estimated lump disturbance is considered as
feedforward compensation, which can effectively suppress the
force ripple.

A robust three-vector-based low-complexity model predictive
current control with supertwisting-algorithm-based second-order
sliding-mode observer (TV-LC-MPCC + STA-SMO) is proposed in
this paper. Firstly, the optimal voltage vector combination is
directly determined by the sector of desired voltage vector, which
can reduce the computational complexity of the TV-MPCC.
Secondly, a STA-SMO is designed to observe the lump
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disturbance. The estimated lump disturbance is considered as
compensation of original PMSM model. The original PMSM
model is corrected to solve the problem of steady-state current
error under parameter mismatch, which enhances the robustness
against motor parameter mismatch. Finally, in order to verify the
feasibility and effectiveness of the proposed method, the
experimental tests were carried out on a two-level inverter fed
PMSM drive system.

In this paper, the contributions of the proposed controller are:
(i) the selection process of optimal voltage vector combination of
the TV-MPCC is simplified, which reduces the computational
complexity; (ii) the supertwisting-algorithm-based second-order
sliding-mode observer is designed to observe the lump disturbance.
The estimated lump disturbance is used to compensate the original
PMSM model, so the problem of steady-state current error under
parameter mismatch can be solved. Finally, the robustness against
the motor parameters variation is effectively improved.

2 Model of PMSM
Assuming that the PMSM neglects stator core reluctance, rotor
core reluctance, structural asymmetry, eddy current and hysteresis
loss are not considered. The model of the surface-mounted PMSM
in synchronous rotating frame is as follows:

dis
dt = Ais + Bus + M

is = id iq T us = ud uq
T

A =
− Rs

Ls
ωre

−ωre − Rs
Ls

, B =

1
Ls

0

0 1
Ls

, M =
0

− ψf
Ls

ωre

(1)

where ud and uq are the d- and q-axis stator voltages, respectively.
id and iq are the d- and q-axis stator currents, respectively. ψƒ, Ls,
Rs and ωre denote the flux linkage of permanent magnets, stator
inductance, stator resistance and rotor electrical angular velocity,
respectively.

According to (1), the discrete model of PMSM can be obtained
as

is k + 1 = I + ATs is k + BTsus k + TsM (2)

where is(k + 1) is the predicted stator current at (k + 1)th sampling
instant. is(k), us(k) and ωre(k) are the stator current, stator voltage
and rotor electrical angular velocity at (k)th sampling instant,
respectively.

3 TV-LC-MPCC method
3.1 TV-MPCC method

In the PMSM drive system fed by two-level voltage source
inverter, there are six active voltage vectors (u1, u2, u3, u4, u5, u6)
and two null vectors uzero (u0, u7). All active voltage vectors divide
the space vector plane into six sectors as shown in Fig. 1. The TV-
MPCC is proposed in [17], which applies three voltage vectors
during one sampling period. In the TV-MPCC, two adjacent active
voltage vectors and one null voltage vector are selected as a
voltage vector combination within each sector; thus there are six
voltage vector combinations in total. Moreover, the deadbeat
principle of d-and q-axis currents is used to calculate the duration
of each voltage vector. According to six voltage vector
combinations and the duration of each voltage vector, six virtual
voltage vectors can be synthesised. Then, six virtual voltage
vectors are substituted into (2) to calculate the corresponding
predicted current. Finally, all virtual voltage vectors can be
evaluated through the cost function shown in (3). The virtual
voltage vector minimising the cost function is selected as the
optimal voltage vector. It can be seen that the TV-MPCC can
obtain the optimal voltage vector combination by calculating the

cost function for six times, which results in the heavy calculation
burden.

gi = id* − id k + 1 + iq* − iq k + 1 (3)

where id* and iq* are the d- and q-axis component of stator
current reference, respectively.

In a real-time implementation, the sampling and the control
algorithm take a significant portion of the sample period. This
results in digital delay. The digital delay has adverse impact on the
controller performance. Therefore id(k + 1) and iq(k + 1) should be
replaced by the values of the id(k + 2) and iq(k + 2), which can
compensate the digital delay in practical implementation [19].
Thus, the cost function should be rewritten as

gi = id* − id k + 2 + iq* − iq k + 2 (4)

3.2 TV-LC-MPCC method

In order to reduce the computational complexity of the TV-MPCC,
the TV-LC-MPCC is proposed in this paper. The first step of the
TV-LC-MPCC is to calculate the desired voltage vector us* based
on the ideal of deadbeat control. Two adjacent active voltage
vectors and one null vector in the sector of us* are selected as the
optimal voltage vector combination, seeing Table 1 for details.
Then the duration of each voltage vector is calculated by the
deadbeat principle of d-and q-axis currents. The optimal voltage
vector combination and duration are applied to the inverter. The
TV-LC-MPCC can directly determine optimal voltage vector
combination based on the sector of us*, thus reducing the
computational burden. 

In the TV-LC-MPCC, the first and most important step is to
calculate the desired voltage vector. Let the predict stator current
be equal to its reference as follows

is(k + 1) = is* (5)

where is* is the stator current reference. Substituting (5) into (2),
the desired voltage vector us* can be calculated as follows:

us* = is* − is k
BTs

− Ais k
B − M k

B (6)

Fig. 1  Basic voltage vectors of two-level inverter
 

Table 1 Determining optimal voltage vector combination
Sector of us* Optimal voltage vector combination
I u1, u2 and uzero (u0 or u7)
II u2, u3 and uzero (u0 or u7)
III u3, u4 and uzero (u0 or u7)
IV u4, u5 and uzero (u0 or u7)
V u5, u6 and uzero (u0 or u7)
VI u6, u1 and uzero (u0 or u7)
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According to the sector of us*, the optimal voltage vector
combination (uopt1, uopt2, uzero) can be determined. The optimal
voltage vector combination (uopt1, uopt2, uzero) consists of the two
adjacent active voltage vectors and one null vector. After obtaining
the optimal voltage vector combination (uopt1, uopt2, uzero), the
duration of each voltage vector is calculated by the deadbeat
principle of d-and q-axis currents

is(k + 1) = is(k) + sopt1t1 + sopt2t2 + s0t0 = is*

sopt1 = sopt1_dsopt1_q
T, sopt2 = sopt2_dsopt2_q

T, s0 = s0_ds0_q
T

(7)

where sopt1_d, sopt1_q, sopt2_d, sopt2_q, s0_d and s0_q are, respectively,
the slopes of the d- and q-axis currents when the voltage vectors
uopt1, uopt2 and uzero are applied. t1, t2 and t0 are the duration of
uopt1, uopt2 and uzero during one sampling period.

The slopes of currents sopt1, sopt2 and s0 shown in (7) can be
calculated according to (1) as follows:

s0 = dis
dt us = 0

= Ais + M (8)

sopt1 = dis
dt us = uopt1

= Ais + Buopt1 + M (9)

sopt2 = dis
dt us = uopt2

= Ais + Buopt2 + M (10)

Substituting (8), (9) and (10) into (7), the duration of optimal
voltage vector combination can be calculated as follows

t1 = ed sopt2_q − s0_q + eq s0_d − sopt2_d
S

+ Ts s0_qsopt2_d − sopt2_qs0_d
S

(11)

t2 = ed s0_q − sopt1_q + eq sopt1_d − s0_d
S

+ Ts sopt1_qs0_d − s0_qsopt1_d
S

(12)

t0 = Ts − t1 − t2 (13)

S = s0_qsopt2_q + sopt1_qs0_d + sopt2_qsopt1_d

−sopt1_qsopt2_d − sopt2_qs0_d − s0_qsopt1_d
(14)

ed = id* − id k (15)

eq = iq* − iq k (16)

The optimal voltage vector combination (uopt1, uopt2, uzero) and the
corresponding duration (t1, t2, t0) are output to the pulse generator,
which will further control the inverter.

4 Robust TV-LC-MPCC with STA-SMO
4.1 Design of STA-SMO

The sliding-mode observer has the advantages of easy realization
and strong robustness, but the high frequency vibration near the
sliding-mode surface causes sliding-mode chattering. The
supertwisting algorithm (STA) is a second-order sliding-mode
scheme that can suppress the chattering of the first-order sliding-
mode observer. Therefore, the research on the STA-SMO has
attracted extensive attention. In this paper, for purpose of observing
lump disturbances caused by parameter mismatch and unmodelled
dynamics, the STA-SMO is designed in the TV-LC-MPCC for
PMSM drive system.

If the simplified system equation is described as follows:

ẋ = u + d (17)

where x, u and d are the system-state variable, control input and
disturbance, respectively. When the sliding surface is s = x − x^,
according to the STA, the simplest form of STA-SMO is described
as

x
⋅̂

= u + d
^ − λ s

1
2sign s (18)

d
⋅̂

= − αsign s (19)

where x^ and d
^
 are the estimated values of x and d, respectively. In

addition, α > 0 and λ > 0 are the observer gains. sign is the sign
function.

Taking unmodelled dynamics and parameter mismatch into
consideration, the PMSM model given in (1) is rewritten as

is˙ = Ais + B us − f + M (20)

where f = [fd fq]T is the lump disturbance, fd and fq are the d- and q-
axis disturbances caused by parameter mismatch and unmodelled
dynamics, respectively. The lump disturbance fd and fq change
slowly in steady-state. fd and fq can be written as

f d = △Rsid + △Ls
did
dt − △△Lsωreiq + εd (21)

f q = △Rsiq + △Ls
diq
dt + △Lsωreid + △ψ f ωre + εq . (22)

where εd and εq are the d- and q-axis unmodelled dynamics,
respectively. In order to design a second-order sliding-mode
disturbance observer based on STA, a variable is defined as

−B f = d (23)

Substituting (23) into (20), the PMSM model is rewritten as

is
g

= Ais + Bus + M + d . (24)

Applying the STA-SMO (18) and (19) into (24), the STA-SMO is
finally designed as

i^s

⋅

= Ai^s + Bus + M + d
^ − k1 s

1
2sign s (25)

d
⋅̂

= − k2sign s (26)

where s = [sd sq]T, sd = id − i^d, sq = iq − i^q. k1 and k2 are the
designed observer gains.

Discreting (25) and (26), thus the discrete STA-SMO can be
expressed as

i^s k + 1 = I + TsA i^s k + TsBus k + TsM k

+Tsd
^

k − k1Ts s k
1
2sign s k

(27)

d
^

k + 1 = d
^

k − k2Tssign s k (28)

According to (23), the estimated lump disturbance is

f
^

k = − 1
B d

^
k (29)

Fig. 2 illustrates the block diagram of discrete STA-SMO. 
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4.2 Robust TV-LC-MPCC with STA-SMO

After adding the lump disturbance estimated by the STA-SMO, (6),
(8), (9) and (10) of the TV-LC-MPCC should be rewritten as

us
∗ = is∗ − is k

BTs
− Ais k

B − M k
B + f

^ (30)

s0 = dis
dt us = 0

= Ais − B f
^ + M (31)

sopt1 = dis
dt us = uopt1

= Ais + B uopt1 − f
^ + M (32)

sopt2 = dis
dt us = uopt2

= Ais + B uopt2 − f
^ + M (33)

After adding the estimated lump disturbance, the optimal voltage
vector combination can be re-determined by the desired voltage
vector us* in (30). Then (31), (32) and (33) are the current slopes
when estimated disturbance is added to the PMSM model. These
current slopes are combined with (7), and the duration t1, t2 and t0
can be calculated through (11)–(13). Finally, the re-determined
optimal voltage vector combination (uopt1, uopt2, uzero) and the
corresponding duration (t1, t2, t0) are output to the pulse generator.
Fig. 3 is the block diagram of the TV-LC-MPCC + STA-SMO
control system. 

4.3 Stability analysis of STA-SMO

The stability of the STA-SMO observer is analysed in [29, 32]. As
analysed in [32], a function Φ α, λ, C = Ψ t*  should be defined,

where ∑ t , Ψ t  is the solution of ∑ = − ∑
1
2 + Ψ,

Ψ̇ =
− 1

k1
2 k2 − C , − ∑

1
2 + Ψ > 0,

− 1
k1

2 k2 + C , − ∑
1
2 + Ψ ≤ 0,

∑ 0 = 0, Ψ 0 = 1 (34)

where k2>C>0, C is Lipschitz's constant. k1≠0, and
t* = inf {t /t > 0, Σ t = 0, Ψ t < 0}. According to the
convergence criterion in [32], the observer can converge when the
defined function Φ k1, k2, C < 1 and k1>0. In contrast, it does not
converge if Φ k1, k2, C > 1. The smaller Φ k1, k2, C  makes the
faster convergence. Finally, the sufficient conditions for the
convergence of observer are

k2 > C

k1
2 ≥ 4C k2 + C

k2 − C
(35)

It can be seen from (34) that increasing k1 causes decrease of
Φ k1, k2, C , therefore increasing k1 can make the faster
convergence. Generally, the gain k1 is more effective in the
response time, while the gain k2 has greater influence on stead-
state control accuracy [33].

The equation mentioned above is only a sufficient condition for
the stability of STA-SMO. In order to further analyse the necessary
and sufficient conditions for the stability of STA-SMO, firstly, the

Fig. 2  Block diagram of the STA-SMO
 

Fig. 3  Block diagram of the TV-LC-MPCC + STA-SMO method for PMSM
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Lyapunov function is defined as V = s2(k) according to the analysis
in literature [29, 34], yields

△V = s2 k + 1 − s2 k
= s k + 1 − s k s k + 1 + s k

(36)

Multiplying (36) by sign2(s(k)) can obtain the necessary and
sufficient conditions for the existence of the sliding-mode
hyperplane as follows:

s k + 1 − s k sign s k < 0
s k + 1 + s k sign s k ≥ 0 (37)

The stability of STA-SMO can be ensured through the select of the
observer gain according to (35) and (37).

5 Experimental results
To validate the performance of the proposed method, the
experiments are performed on the Expert3 system based on the
TMS320C6713 digital signal processor (DSP). The Expert3 system
is produced by Myway Company. The block diagram of
experimental test bench is presented in Fig. 4. The main circuit
consists of a three-phase six diode rectifier and a two-level voltage
source inverter. The output of the inverter is connected to one
PMSM which is used for testing the proposed method. The
parameters of the PMSM are shown in Table 2.The other PMSM is
controlled by the load supply system, which provides load torque.
The DSP board mainly performs core algorithm calculation. The
PEV board includes PWM generator, A/D converter, D/A converter
and counter. The voltage is measured by a voltage sensor while the
currents are measured by current sensors. The rotor mechanical
position is obtained through an incremental encoder. An
oscilloscope is used to monitor the control variables through the
D/A converter. The experimental setup is shown in Fig. 5. The
sampling frequency of current loop is 10 kHz in experiments. The

PI controller of speed loop is tuned as kp = 0.055, ki = 0.0003. The
gain of the STA-SMO is chosen as k1 = 0.21, k2 = 114. 

5.1 Verification of TV-LC-MPCC performance

In order to verify the advantage of TV-LC-MPCC method in
reducing computational burden, the TV-LC-MPCC and TV-MPCC
are compared by experiments.

First, the experimental responses to a step change in the load at
1000 r/min are shown in Fig. 6. The test scenario is: the load steps
from no load to rated load at 2.0 s. It can be seen that both TV-LC-
MPCC and TV-MPCC can quickly follow the load change. The d-
and q-axis current ripple can be calculated by (38) and (39)

id_ripple = 1
N ∑

n = 1

N
id n − id_ave n 2 (38)

iq_ripple = 1
N ∑

n = 1

N
iq n − iq_ave n 2 (39)

where N is the number of samples, id(n) and iq(n) are d- and q-
axis currents, respectively, which is obtained from the oscilloscope.
id_ave and iq_ave are the average values of d-and q-axis currents,
respectively. The experimental data of 3.2–4 s in Fig. 6 are used to
calculate d- and q-axis current ripple by (38) and (39). From the
calculation, the results show that the d-axis current ripple of both
TV-MPCC and TV-LC-MPCC method is 0.18 A, and the q-axis
current ripple is 0.21 A. From the above experimental results and
analysis, a conclusion can be drawn that the TV-LC-MPCC and
TV-MPCC method have the same dynamic and static responses.

Second, the core algorithm program execution time of the TV-
MPCC and TV-LC-MPCC methods is tested by experiments. The
results are shown in Table 3. As can be seen from Table 3, the
algorithm execution time of the TV-MPCC is 38.5 μs, while the
algorithm execution time of TV-LC-MPCC is only 8.8 μs. The
computational burden of the TV-LC-MPCC is reduced by 77%
compared with TV-MPCC, because the TV-LC-MPCC can directly
determine the optimal voltage vector combination according to the
sector of us*. However, the TV-MPCC needs to calculate the cost
function for six times in each sampling period to obtain the optimal
voltage vector combination. 

From the analysis of the above experiment results, it can be
drawn that, compared with TV-MPCC, the TV-LC-MPCC reduces
computational burden while maintains the same good dynamic and
static response.

5.2 Verification of TV-LC-MPCC + STA-SMO performance
under parameter mismatch

To verify the robustness of the proposed TV-LC-MPCC + STA-
SMO under parameter mismatch, the TV-LC-MPCC + STA-SMO
and the TV-LC-MPCC are compared by experiments. The flux
linkage of permanent magnetsψƒ, stator inductance Ls and stator
resistance Rs are selected as test parameters. The motor parameters

Fig. 4  Block diagram of experimental test bench
 

Table 2 Parameters of the PMSM
Description Parameters Values
flux linkage of ψ f 0.253 Wb
permanent magnets
stator inductance Ls 21.7 mH
stator resistance Rs 2.725Ω
rated torque TN 9.6 Nm
rated speed n 2430 r/min
number of pole pairs Pn 4
rotational inertia J 0.0011 kg m2

rated current IN 4.4 A
rated power PN 2.4 kW
rated voltage UN 382 V
 

Fig. 5  Experimental setup
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variation is divided into three steps. Since the rated parameters ψƒ0,
Ls0 and Rs0 of the PMSM cannot be changed freely, the parameter
mismatch test is completed by modifying the motor parameters in
the controller. The waveforms of d- and q- axis currents id, iq and
their reference id*, iq* are given in Figs. 7–9. Additionally, the
estimated lump disturbance f

^
d and f

^
q are also provided in Fig. 7b,

Figs. 8b and 9b. The d- and q-axis steady-state current error can be
calculated by (40) and (41). The calculation results are shown in
Table 4

Δid = 1
N ∑

n = 1

N
id n − id* n (40)

Δiq = 1
N ∑

n = 1

N
iq n − iq* n (41)

It can be seen from Fig. 7a that, in the TV-LC-MPCC method,
both d- and q-axis have steady-state current error under the flux
linkage of permanent magnets mismatch. The influence of the flux
linkage of permanent magnets mismatch on the q-axis steady-state
current error is obvious. Especially when flux linkage of permanent
magnets becomes 2ψƒ0, the q-axis steady-state current error is 1.29 
A. In contrast, id and iq can follow their references in the TV-LC-
MPCC + STA-SMO method, as shown in Fig. 7b. It can be drawn
from Table 4 that the TV-LC-MPCC + STA-SMO can obviously
reduce the d-and q-axis steady-state current error caused by flux
linkage of permanent magnets mismatch. The estimated
disturbance f

^
d and f

^
q are considered as compensation and can

adjust the controller to suppress steady-state current error.

Fig. 8a illustrates the performance of the TV-LC-MPCC under
stator inductance mismatch. It reveals that id and iq cannot track
their references under stator inductance mismatch. The influence of
the stator inductance mismatch on the d-axis steady-state current
error is obvious. In particular, the d-axis steady-state current error
is 1.13 A when the stator inductance becomes 0.7Ls0. Fig. 8b
presents the performance of the LC-MPCC + STA-SMO under
stator inductance mismatch. id and iq can track their references
using the TV-LC-MPCC + STA-SMO method, as shown in Fig. 8b.
The disturbance f

^
d and f

^
q estimated by STA-SMO are shown in

Fig. 8b. It is proved that the STA-SMO can accurately observe the
disturbance caused by the stator inductance mismatch.

It can be seen from Fig. 9a that, when using the TV-LC-MPCC
method, stator resistance mismatch has less influence on the d- and
q-axis steady-state current error compared with stator inductance
mismatch and flux linkage of permanent magnets mismatch.
Nevertheless, steady-state current error between the d- and q-axis
currents and their references still exists. However, when the
proposed TV-LC-MPCC + STA-SMO is applied in the PMSM, the
STA-SMO can accurately observe the disturbance caused by the
stator resistance mismatch as shown in Fig. 9b. Therefore, the d-
and q-axis currents can follow their references as shown in Fig. 9b,
and the robustness against stator resistance mismatch is improved.

To further verify the robustness of the proposed method, a test
is completed by connecting external stator resistance with the
motor terminal. The value of external stator resistance is 10 Ω. The
PMSM is operated at 1000 r/min with 8 N m load. The three
external stator resistances are connected with the motor terminal at
2.0 s. Experimental results are shown in Fig. 10. It can be seen

Fig. 6  Experimental results of the TV-MPCC and TV-LC-MPCC under a
step change in the load
(a) TV-MPCC, (b) TV-LC-MPCC

 
Table 3 Computational burden of two methods
Methods Optimisation times Execution time, μs
TV-MPCC 6 38.5
TV-LC-MPCC 1 8.8

 
Fig. 7  Experimental results of the TV-LC-MPCC and TV-LC-MPCC + 
STA-SMO at 1000 r/min with rated load under flux linkage of permanent
magnets mismatch
(a) TV-LC-MPCC, (b) TV-LC-MPCC + STA-SMO
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from Fig. 10a that id and iq cannot track their references in the TV-
LC-MPCC when three external stator resistances are connected
with the motor terminal. In particular, the q-axis steady-state
current error is 0.81 A when three external stator resistances are
connected with the motor terminal. In addition, the speed slightly
decreases and the torque changes slightly in the TV-LC-MPCC
when three external stator resistances are connected with the motor
terminal. However, id and iq can track their references in the TV-
LC-MPCC + STA-SMO when three external stator resistances are
connected with the motor terminal, as shown in Fig. 10b. The
speed and torque are still stable when three external stator
resistances are connected with the motor terminal. 

Fig. 7a, Figs. 8a, 9a and 10a illustrate that the TV-LC-MPCC
has d- and q-axis steady-state current error under the motor
parameter mismatch, while Fig. 7b, Figs. 8b, 9b and 10b
demonstrate that id and iq can track their references when the TV-
LC-MPCC + STA-SMO is applied under motor parameter
mismatch. The reason is that the STA-SMO is designed in the TV-
LC-MPCC + STA-SMO to observe the lump disturbance. The
estimated lump disturbance is considered as compensation of
original PMSM model, which can obviously reduce steady-state
current error under motor parameter mismatch, thus improving the
robustness against the motor parameter mismatch.

5.3 Verification of TV-LC-MPCC + STA-SMO performance

Fig. 11 is the experimental results of the TV-LC-MPCC + STA-
SMO at 20 r/min with no load. Fig. 12 is the experimental results
of the TV-LC-MPCC + STA-SMO at zero speed with no load. The
experimental results include the waveform of speed, d- and q-axis

currents and phase current ia. It can be seen from Figs. 11 and 12
that the PMSM operates stably by using the proposed method at
20 r/min and zero speed as well. 

In order to test the performance of the TV-LC-MPCC + STA-
SMO with variations on speed, the speed reference is set as four
step changes: 500, 1000, 1500 and 2000 r/min. The experimental
waveforms of the speed and the d- and q-axis currents are shown in
Fig. 13. As demonstrated in Fig. 13, the speed of the PMSM can
quickly track its reference. 

Fig. 8  Experimental results of the TV-LC-MPCC and TV-LC-MPCC + 
STA-SMO at 1000 r/min with rated load under stator inductance mismatch
(a) TV-LC-MPCC, (b) TV-LC-MPCC + STA-SMO

 

Fig. 9  Experimental results of the TV-LC-MPCC and TV-LC-MPCC + 
STA-SMO at 1000 r/min with rated load under stator resistance mismatch
(a) TV-LC-MPCC, (b) TV-LC-MPCC + STA-SMO

 
Table 4 Steady-state current error of two control methods
under parameter mismatch
Method Parameter mismacth Δid, A Δiq,A
TV-LC-MPCC ψƒ = 0.5ψƒ0 0.70 0.83
TV-LC-MPCC + STA-SMO 0.01 0.01
TV-LC-MPCC ψƒ = 2ψƒ0 0.76 1.29
TV-LC-MPCC + STA-SMO 0.01 0.01
TV-LC-MPCC Ls = 0.7Ls0 1.13 0.10
TV-LC-MPCC + STA-SMO 0.02 0.01
TV-LC-MPCC Ls = 1.3Ls0 0.51 0.04
TV-LC-MPCC + STA-SMO 0.02 0.02
TV-LC-MPCC Rs = 0.3Rs0 0.65 0.22
TV-LC-MPCC + STA-SMO 0.02 0.02
TV-LC-MPCC Rs = 3Rs0 0.81 0.44
TV-LC-MPCC + STA-SMO 0.02 0.02
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6 Conclusions
In this paper, aiming at large computational burden and steady-
state current error under parameter mismatch of the three-vector-
based MPCC, a robust three-vector-based low-complexity MPCC
with STA-SMO is proposed. In order to reduce the computational
complexity, the optimisation process of optimal voltage vector
combination in the three-vector-based MPCC is simplified.
Moreover, the STA-SMO was designed to observe the lump
disturbance caused by the parameter mismatch and unmodelled
dynamics. The estimated lump disturbance is considered as
compensation to the PMSM model, which suppresses steady-state
current error caused by lump disturbance. The experimental results
show that the three-vector-based low-complexity MPCC can
reduce the computational burden while maintaining the same good

Fig. 10  Experimental results of the TV-LC-MPCC and TV-LC-MPCC + 
STA-SMO under connecting external stator resistance with the motor
terminal
(a) TV-LC-MPCC, (b) TV-LC-MPCC + STA-SMO

 

Fig. 11  Experimental results of the TV-LC-MPCC + STA-SMO at 20 r/min
with no load

 

Fig. 12  Experimental results of the TV-LC-MPCC + STA-SMO at zero
speed with no load

 

Fig. 13  Experimental results of the TV-LC-MPCC + STA-SMO under step
changes in the speed
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dynamic and static response compared with the three-vector-based
MPCC. The d- and q-axis current of the proposed robust three-
vector-based low-complexity MPCC with STA-SMO can follow
their references under parameter mismatch; thus improving
robustness against the flux linkage of permanent magnets, stator
inductance and stator resistance mismatch.
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